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CAI Yuan-ding, born in Jianyang of Fujian province, is one of the principal 
disciples of ZHU Xi. He is seen as an old friend but not disciple because of his 
excellent learning. There are nine Confucius in CAI’s family include CAI Fa who is 
CAI Yuan-ding’s father, CAI Yuan-din and his generations. They help ZHU Xi’s 
theory and expand Confucianism, called CAI’s Nine Confucius. Their works were 
worked up into a book called Cai shi jiu ru shu. CAI’s scholarship has a characteristic 
that it inherit the family learning in one side and help ZHU Xi’s theory on the other 
side. CAI’s scholarship has a bias towards the astronomy, geomantic omen, Xiang-shu 
Yi-ology, temperamentology, and art of war. It places strong emphasis on SHAO 
Yong’s Huang ji jing shi and take it as authentic Confucianism. CAI Yuan-ding 
studied this book from his youth under the direction of his father. Finally, he ompleted 
his book Introduction of Huang ji jing shi shu, which became a must for SHAO 
Yong’s followers. CAI Yuan-ding calls the theory in Huang ji jing shi as Huang-ji 
Learning to distinguish it from the traditional Yi-ology which based on Yi jing and Yi 
zhuan. He tried to use the mathematical method of SHAO to establish his Fan-shu 
Learning, but he had not finished this job and gave the task to his third son CAI Shen. 
CAI Shen based his theory on SHAO’s mathematical method as a foundation, on 
Hong fan as a theory basis , on He-luo as a agency, and produced Hong fan huang ji, 
form which he finally established his Fan-shu Learning. This article talks about CAI’s 
Fan-shu Learning. The main parts of this article include three chapters. Chapter 1, 
CAI’s father and son’s theory of Huang-ji, which is the development of SHAO’s 
theory. CAI Yuan-ding’s work is embodied in the book Instruction of Huang ji jing shi 
and CAI Shen’s inherit reflects outstandingly in the Nine-nine Numerical Diagram. 
Chapter 2, CAI’s father and son’s theory of He-luo, which is the bridge between 
Huang-ji Learning and Fan-shu Learning. CAI Yuan-ding puts forward the doctrine of 
He-ten-luo-nine in ZHU Xi’s Yi xue qi meng, which lays a foundation for the 
correspondences between Square of Nine and Hong-fan-jiu-chou. Based on CAI 
Yuan-ding’s job, CAI Shen put forward the Doctrine of He-even-luo-odd, which uses 















Wu-xing. He-tu corresponds to Zhou yi’s system of Xiang and Luo-shu corresponds to 
Hong fan’s system of Shu. Chapter 3, CAI’s Father and Son’s theory of Fan-shu. CAI 
Yuan-ding has the purpose to establish Fan-shu Learning, but he has no works. His 
numerical motheds appears in the philosophized divination numbers in Da yan xiang 
shuo and the philosophical explanation of Temperamentology in Lv lv xin shu. CAI 
Shen’s Hong fan huang ji emphasizes the importance of number and creates a theory 
of Numerological Saint. 
CAI’s father and son’s theory suggests that they had realized the function of 
mathematics to express the principle of things preliminarily, but they know little about 
how to use mathematics to express discipline. Numbers are largely thought of as 
symbols because of the abuse of analogical thinking and the lack of logical thinking. 
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